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APXH 1HY YEAIAAY - " HMEPHXIQN

EMNANAAHNTIKEZ NMANEAAAAIKEZ EZETAZEIZ
" TAZHZ HMEPHZIOY FENIKOY AYKEIOY
2ABBATO 21 IOYNIOY 2014
EZETAZOMENO MAOHMA:
MAOHMATIKA OETIKHZ KAl TEXNOAOTIKHZ KATEYOYNZHZ
2ZYNOAO ZEAIAQN: MNMENTE (5)

OEMA A

Al. 'Eotw pia ouvéptnon f mapaywyioiyn oe éva didotnua (0, B), ME
e¢aipeon iowg éva onueio X, oto otoio, dpwg, n f eivar ouvexng. Av n
f'(x) diatnpei mpoonuo oto (a, Xo)U (X, B), 16T va amodeifete 6T TO
f(x,) dev eival Tomkd akpoétato kai n f eivar yvnoiwg povétovn oTo

(a, B)
Movdadeg 7

A2. Na dilatuTTwoeTe To Bewpnua Tou Bolzano.
Movdadeg 4

A3. ‘Eotw pia ocuvdptnon f opiopyévn oe éva didotnua A. Ti ovopdloupe
apxlkn ouvdptnon | mapdyouca t1ng f oto A;

Movdadeg 4

A4. Na xapakrnpioere T1I¢ mPOTACEIC TTOU akoAouBoUv, ypdapovrag oOTo

TETPAdIO oag OiTAa oTo ypduua mou avrioToixei o€ KaBe mporaon tn Aéén

2woro, av n mporacn eivar owaorn, n Aa@og¢, av n mpdoraocn Eivai
AavBacouévn.

a) H egiowaon ‘Z—zo‘=p, p>0 TtaploTdvel KUKAO Pe KEVTPO TO OnuEio
K(z,) ka1 aktiva p, é6mou z, Z, piyadikoi apiByoi.

(vovadeg 2)

B) Eotw pia ocuvaptnon f Ttou eival oplopyévn oe éva oUVoOAo Tng

popeng (a, X,)U (X, B). loxuel n icoduvapia

lim £(x) = o & (Jmf(x)= Iimf(x)=—oo)

X—>XG

(novadeg 2)
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v) Aveivai O<a<1, t6te lim a*=0
X—>—0

(Movadeg 2)

8) Eotw pia ouvdaptnon f ouvexnc oe éva didotnua A kal duo Qopécg

TTapaywyioiun oto ecwTepikd Tou A. Av n f eival kupt oto A, 16T¢
UTTOXPEWTIKA ' (X)>0 yia KOs ECWTEPIKG anueio Tou A.

(Movadeg 2)

o (10 at) =t(a00) g0

ME TNV TTpoUTTI60eON OTI Ta XpNnoIiYoTToloUheEVa oUuBOoAa £xouv vonua.

(vovadeg 2)

Movdadeg 10

OEMA B

OewpoUpe TOUG PIYadikoug aplBuoug Z, W yia TOUG OTTOioUG 10XUOUV:

2z —i i
= -, Z#
2Z +1 2

e W @QAVTOOTIKOG

B1l. Na amodeiete OTI 0 YEWMPETPIKOG TOTTOG TWV EIKOVWV TWV MHIYABIKWYV
apiBuwy zZ, gival 0 KUKAOG PE KEVTPO TNV apxn Twv afdvwv Kal akTiva

1 1
p= E , EKTOG a1 10 onueio M (O, —E) TOU KUKAOU.

Movadeg 10
B2. AmO6 Ttoug mapamdvw MiyadikoUg aplbuolg Z, Tou gepwThpato¢ Bl, va
Bpeite ekeivoug yia Toug otroioug 1oxUel [w|=1

Movdadeg 8
. 1 . .
B3. Aveival z =§ , TOTE va atrodeigeTe OTI
w'+iw’ =0 Movadeg 7
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OEMAT

Aivetal n cuvdptnon
In X
X
€ , av. x>0
f(x)=
0 , av x=0

ri.

r2.

r3.

r4.

Na e€etdoete av n ouvdptnon f eival ouvexng oto onpeio X5 =0

Movdadeg 4

Na Bpeite To gUvoAo TIHWV TnNG ouvdptnong f

Movdadeg 7
i) Na amodeitete 671, yia X>0, 10Ul n 1I00duvayia
f(x)=f(4) © x*=4"
(novadeg 2)

ii) Na amodeig¢ete o011 n €&icwon x*=4" x>0, EXEl akpIBwg duo pileg,
TIg X, =2 kal X, =4

(vovadeg 6)

Movdadeg 8

Na amodeieTe OTI UTTAPXEI £va, TOUAAYXIOTOV, € € (2, 4) T€TOI10, WOTE

1G]] :f(o dt =1(¢) (V2 -1(8))

Movdadeg 6
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©OEMA A
‘EOTW n TTapaywyioiyn ouvaptnon

f:A>R, A=(0, +w)

pue ouvolo Tipwv f(A)=R, Tét0Ia, WOTE

f(x) /.2 ,
e (f (x)—2f(x)+3)=x, yia K60e X e (0, +o)

Al. Na amodeiete 611 n cuvaptnon f avrioTpépeTal (Wovadeg 4) kal va BpeiTe
TNV avTioTpo®n cuvdapTnon ft Tng f (Yovaddeg 3)
Movdadeg 7
MNa ra epwtApata A2 kair A3, divetal oTI

i x)=e* (x¥*-2x+3), xeR

A2. Na upeAetioete TN ocuvdptnon f WG TPOG TNV KUupTtoTNTA. (Movadeg 3)
2Tn oUuvéXEla, va Bpeite TO eYPadOV TOUu Xwpiou TTOU TTEPIKAEIETAlI ATTO TN
YPA®IKA TTapdoTacn Tng ouvaprtnong f TNV €QATITOPEVN TNG YPAPIKNAG
mapdoTaong Tng 1 oT0 onueio TTou auTth TEPvEl Tov a&ova y'y, Kal Tnv
eubeia X=1 (povadeg 6)

Movadeg 9

A3. Tia kéPe XxeR OecwpolUpe Ta onueia A(X, f'l(x)), B(f'l(x), X) TwV
YPOQPIKWYV TTAPACTACEWY TWV CUVAPTHOEWYV 1 kar f avTtioTolxd.

) Na atmodeifete 671, yia kKGBe Xe R, 10 yIvVOUEVO TwWV OUVTEAECTWV
d01evBuvong TwWV €QATTOMEVWY TWV YPAPIKWY TTAPACTACEWV TWV

ouvaptioewv = kar f ota onpeia A kai B avrioToixa, eival ico

MEe 1 (Movadeg 3)

i) Na Bpeite yia Toia Tiy Tou X € R n améotaon Twv onueiwv A, B

yiveTal eAdxi1oTn, Kal va Bpeite TNV eAdxioTn ardéoTacr TOUG.
(novadeg 6)
Movadeg 9
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APXH SHY YEAIAAY - T" HMEPHXIQON

OAHTIEX (yia Touc g€sTalopyévouc)

210 £§WQ@UAAO TOU TeTpadiou va ypdwete TO €eeTalduevo padnua. XTo
EOCWQPUAAO TTAVW-TTAVW VA CUUTTANPWOETE Ta ATOPIKA OToIXEia padnth. ZTnv
apXN TWV ATTAVTACEWYV OOG VA YPAWETE TTAVW-TTAVW TNV NUEPOMNViIa Kal TO
egetafduevo pabnua. Na pnv avriypdayete 1a 6éuata oto TeTPAdIO KAl va HN
ypaweTe TTOUBEVA OTIC ATTAVTAOEIC 0AG TO OVOUG Oag.

Na ypAWETE TO OVOMATETTWVUHMO OAG OTO TTAVW MEPOG TWV QWTOAVTIYPAPWY
apéowg POAIC oag TTapadoBolv. Tuxdv onuEIWOoEI§ 0ag TTAVW OTAa BépaTta
oev O0a BaBpoAoynBouv o Kapia epiTTwon. Katd tnv amoxwpnof ocag va
TAPAdWOETE Padi JE TO TETPADIO KAI TA WTOAVTiypa®aA.

Na ammaviioeTe oTo TETPAdI6 oag o€ OAa Ta BEPATA HOVO PE UTTAE 1] pOévo e
MaUupo OTUAO pe peAdvi Tou dev ofrivel. MoAUBI emiTtpémetal, yévo av T1o
¢nTdel N EKQWVNON, KAl HOVO yia TTIVAKEG, d1aypAUUaTA KATT.

Kd&Be amdvinon €mMIOTAUOVIKA TEKUNPIWHEVN €ival ATTOOEKTH.

Aidpkela eg€taong: TpeIG (3) wpPeg PETA TN IAVOUN TWV WTOAVTIYPAPWV.

Qpa duvatng atroxwpnong: 18:00

2AZ EYXOMAZTE KAAH ENITYXIA

TEAOZ MHNYMATOZ
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